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Abstract
A major problem in ecological modelling is finding the appropriate level of resolution when describing the processes
and structures of ecological systems. When modelling basic ecological questions, as a rule the best approach is to
ignore as much detail as possible in order to obtain general insights. However, for applied problems focusing in
particular on ecological systems, there are no clear guidelines for identifying the most appropriate resolution in space,
time and the detail of description. Spatially explicit modelling thus has to mainly rely on trial and error in scaling-up
from modelling at the local scale to exploration of the model at the global scale. We demonstrate here a modelling
strategy that takes the opposite approach: starting at the global scale, with a strategic model of minimum resolution,
we proceed step by step to a model addressing applied questions. The strategic model is designed to reproduce a
certain pattern observed in nature. As an example, we use the wave-like spreading pattern of rabies. The applied
model addresses the question of whether rabies might persist in areas with a high proportion of foxes immunized by
oral vaccination. As a consequence of our scaling-down strategy, the resolution of the applied model is not chosen
a priori, but emerges from the step by step modelling strategy. During each step of model refinement, one module of
the preceding model is described with a slightly increased resolution. This stepwise approach allows both a backward
reference to the pattern reproduced by the strategic model and a cross-reference between the coarser and finer version
of the module refined. The main potential of the scaling-down strategy is that it leads to efficient models in an efficient
way, but since scaling-down is a complement to scaling-up approaches, it might also help to bridge the gap between
theoretical and applied ecological modelling. © 1999 Elsevier Science B.V. All rights reserved.
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1. Introduction
Holling (1966) introduced the distinction between ‘strategic’ models, which are designed to
tackle general questions without referring to concrete ecological situations and ‘tactical’ models,
which by contrast address concrete problems but
are not at all general (May, 1973). The common
feature of all models is thus to sacrifice something: strategic models ‘‘sacrifice detail for generality’’ (Levins, 1966), whereas tactical models do
the opposite. Although this classification of models may be useful for demonstrating the principle
that modelling always means sacrificing something, it provides no detailed hints as to what
could and should be sacrificed (Grimm et al.,
1996b). With strategic models, the motto ‘sacrifice
detail for generality’ suggests that literally every
detail should be sacrificed if only the model is
general. This approach leads to models which
produce probable explanations. However, these
explanations are trend-setting hints but usually
hard to test (Peters, 1991).
On the other hand, tactical models addressing
applied problems follow no clear guideline concerning what aspects of the real system should be
considered in the model (Nisbet and Gurney,
1982). Consequently, tactical models are often
loaded with so much detail that (despite being
otherwise well-designed) they are unwieldy and
hard to investigate. Although the modules of tactical models often burrow their structure from
strategic models, theoretical ecology, i.e. the conceptual framework which emerged from strategic
models, seems not to be very helpful for designing
tactical models.
In this paper we will show that this is not
necessarily the case. We will demonstrate how in a
certain research project on the spread and control
of rabies we proceeded step-by-step from a strategic model to a tactical model. The theoretical
question addressed was pattern formation in the
spread of rabies, while the practical, applied problem was the control of rabies via oral vaccination.
Pattern formation in ecological systems is a
current issue in ecological theory (Levin, 1992;
Sato and Iwasa, 1993; Jeltsch and Wissel, 1994;
Ratz, 1995). Both the process of pattern forma-

tion itself (Paine and Levin, 1981; Thiery et al.,
1995; Jeltsch et al., 1996; Maron and Harrison,
1997) and the impact of given patterns on ecological processes (Silvertown, 1992; Glenn and
Collins, 1993; Reichman, 1993; Cain et al., 1995;
Kareiva and Wennergren, 1995; Tackmann et al.,
1998) have a high potential for enabling a better
understanding of ecological systems. Typical examples of pattern forming processes in ecological
systems include invasions of populations and the
spread of diseases (Hengeveld, 1989; Jeltsch et al.,
1992). Reaction-diffusion models have proved to
be a suitable method to describe and understand
these pattern-forming processes on biogeographical scales (Skellam, 1951; Lubina and Levin, 1988;
Okubo et al., 1989). However, the aggregation of
the dispersal process in a diffusion coefficient
inevitably ignores details of the spreading mechanism, such as the movement of individuals in a
heterogeneous landscape (Lima and Zollner, 1996;
Schippers et al., 1996; Tischendorf, 1997) or rare
infection events in a spatially explicit context
(Jeltsch et al., 1997a). However, these details are
decisive in applied issues, for example in the evaluation of control mechanisms of invading species
or spreading diseases. What we need in order to
evaluate the efficiency of management or control
measures (which are usually restricted to local
scales) is a modelling strategy resulting in models
that link regional patterns to local practice and
6ice 6ersa.
A good example for which such a modelling
strategy would be extremely useful is the spread of
rabies where the interaction of processes on different scales causes a complex spatio-temporal pattern (Sayers et al., 1985; Jeltsch et al., 1997a). The
typical wave-like spreading pattern of the disease
on a regional scale (Toma and Andral, 1977;
Sayers et al., 1977; see Fig. 1) is successfully
described by a set of reaction-diffusion equations
(Källen et al., 1985; Murray et al., 1986; Yachi et
al., 1989; Mollison, 1991). The basic message of
these models is that the interaction of local cycles
consisting of infections, population reduction and
recovery, with the spatial transmittance of the
disease over a certain distance (described by a
diffusion process) is sufficient to explain the typical epidemiological pattern of damped oscillations
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Fig. 1. Spatial rabies pattern based on approximately 3000 quarterly confirmed rabies cases from a 133 ×133 km study area in the
Land Baden-Württemberg, Germany (after Sayers et al., 1977): (a), Smoothed density of case occurrence of rabies for four successive
3-month periods. The lowest contours indicate the global wave progression; the local, irregular high densities indicate individual
disease foci; (b – c), Quarterly probability contour maps from autumn 1964 – 1967. Increasing the probability levels (P) the respective
figures range from a more global to a more focal view of the epidemic. (b) Whereas at the broad scale the wave appears as a closed,
uniform front; and (c) this front breaks up into isolated foci when viewed at the fine scale.
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on regional scales and of recurrent fluctuations of
rabies cases on local scales. However, the diffusion approach does not allow for a systematic
analysis of the pattern-forming processes on small
spatial and temporal scales, e.g. the spread of
rabies by individual dispersing foxes. Yet it is
precisely this level of detail which needs to be
understood in order to develop models as an aid
to management (Perrins et al., 1993; Jeltsch et al.,
1997a). Consequently, individual-based models of
detailed fox behavior on small spatial and temporal scales have been suggested as an alternative
approach (Berger, 1976; David et al., 1982; Voigt
et al., 1985; Smith and Harris, 1991). Such models
have been successful in describing rabies outbreaks and control in small areas (Smith, 1995),
but the number of individuals and the amount of
data that can be processed restricts the spatial and
temporal scale that can be modeled. Therefore,
the model validation against any large-scale pattern (i.e. damped oscillation) would be possible
only with an extrapolation in space and/or over
time. However, such an attempt towards confidence is trapping if the necessary assumption of
solely scale-invariant dependencies between pattern forming processes is violated as it is in the
case of rabies spread (see Jeltsch et al., 1997a).
Additionally, modelling the entire life history of
each individual fox in time and space generates an
enormous complexity of information that necessarily limits the interpretation of model results,
i.e. identifying the details of the model essential
for a particular result would be rather complicated as well as drawing more general conclusions
about the holistic dynamics in the rabies – fox
system (Wissel, 1992a; Mollison and Levin, 1995).
However, currently the most relevant problem
concerning the vaccination of foxes requires both
an assessment of management measures at the
local scale and an assessment of the success of the
whole control program at regional or even continental scales. There is an ongoing debate in Central Europe over whether the vaccination of foxes
can be reduced or stopped in areas where rabies
seems to have been eradicated (Stöhr and Meslin,
1996; Selhorst and Schlüter, 1997). The risk of an
undetected endemic of rabies in these areas as well
as suitable measures against the resurgence of

rabies by dispersing individual foxes can only be
evaluated by models that are both detailed
enough to consider rare infection events and
coarse enough to model large areas.
In the following we present a scaling-down
strategy of spatially explicit modelling that consists of a sequence of models of different spatial
and temporal resolution. Starting with the most
basic features of a regional model, we successively
integrate only the information that will be relevant to the next finer scale.

2. Biological background
The understanding of the scaling-down process
described in this paper requires information on
the biological facts associated with the red fox
rabies system. The following sections provide this
information and subsequently cover three elementary parts of the ecological system studied: the
foxes; the disease and control measurement.

2.1. Red foxes
Red foxes (Vulpes 6ulpes) exhibit a distinct
annual cycle: mating, reproduction, breeding, dispersal, resettlement, mating,… (Toma and Andral, 1977). During mating (December–February)
male red foxes show high mobility and are involved in an increased number of encounters with
conspecifics. In addition, receptive females attract
males by barking and scenting. Two months later
(February–April), the females give birth to on
average five young cubs with up to 14 cubs per
litter (Lloyd et al., 1976; Ansorge, 1990) which
grow up by August. In autumn (September–October), the young foxes leave their birth family and
disperse. Field data show that the distribution of
effective dispersal distances varies for different
habitat structures and population densities (Englund, 1980; Storm and Montgomery, 1975;
Goretzki et al., 1997). However, there are common features: the dispersing fox follows its initial
direction with sparse deviation (Storm and Montgomery, 1975). An empty habitat is preferred for
settling (Storm and Montgomery, 1975), but high
density does not cause significantly longer disper-
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sal (Allen and Sargeant, 1993). After settling, the
young fox occupies a home range and explores
the mating resources. The next fox-year begins.
The home range represents the spatial context
of fox activity and varies by individual, by season,
by habitat quality and by local population density
factors. Therefore wide ranges of home range size
are reported, ranging from 0.5 to 9.6 sq. km
(Scott, 1943; Trewhella et al., 1988; Meia and
Weber, 1995). However, for foxes of small family
groups the respective home ranges overlap widely
(Storm and Montgomery, 1975; White et al.,
1996). Therefore contacts between members of the
social group occur much more frequently than
between members of different groups (White et
al., 1995) because the home ranges of the latter
only have common boundary strips. Consequently, we subdivide the fox population by the
social behavior of foxes (i.e. the frequency of
contacts) and refer to the space potentially occupied by social groups as the smallest spatial unit
of our models instead of referring to home ranges
or territories (Thulke et al., 1997a). In the next
section the social contact behavior within these
groups is linked to the dynamics of the disease by
the concept of an ‘infection community’ (IFC).

2.2. Rabies
Rabies is a virus infection of the central nervous system (Charlton, 1988) which in Europe
mainly occurs in the red fox (Aubert, 1992;
Schlüter et al., 1997). The virus is transmitted by
injurious encounters of infected animals (Wandeler, 1980). The newly infected fox undergoes a
variable incubation period with a mean duration
of 21 days (Toma and Andral, 1977). It is significant that an incubating fox neither infects other
animals nor can be proved to be infected. After
the incubation period, the fox becomes infectious.
This clinical phase ends after 7 – 10 days with the
inevitable death of the individual (Sikes, 1970).
During the last 4 days, 50% of all rabid foxes
express the well-known ‘frenzied’ behavior causing unfounded attacks even on humans (Bacon,
1985).
Due to the frequent contacts between individuals within a social group (Sargeant, 1972; White et
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al., 1995), a diseased group-member eventually
infects all other foxes of the group and consequently after a certain period of time the whole
group dies from rabies. We define any fox group
that will be completely affected by rabies after one
disease cycle if any of its members becomes infected as an IFC. We see a chain of stages (‘susceptible—infected—infectious—dead’)
which
completes a cycle of local rabies dynamics if the
space where the extinguished IFC has lived becomes re-colonized. In addition, a disease-related
subdivision of the rabies–fox system in space and
over time is evolved with the concept of IFCs,
which emerged as a suitable model resolution
(Thulke et al., 1997a).
The cyclic dynamics of a rabies epidemic is also
documented on larger scales. The current rabies
epidemic in Europe originated in the eastern part
and has spread throughout the continent over the
last 50 years. The large-scale spreading pattern of
the disease exhibits typical advancing waves (Sayers et al., 1977, Fig. 1; or see also Anderson et al.,
1981, Fig. 1) which summarize separated foci of
the disease on a finer scale that propagate independently (Sayers et al., 1977; Hengeveld, 1989).
In the one-dimensional, the temporal description
of the wavy spread of rabies the cyclic patterns of
the epidemic (Curk, 1991) emerge from various
regional case statistics (Sayers et al., 1977; Steck
and Wandeler, 1980). Case reports demonstrate a
spreading velocity of between 30 and 80 km per
year (Ball, 1985) and 3–5 years between two
consecutive waves of the epidemic (Jackson, 1982;
Macdonald and Voigt, 1985).
The second characteristic of a rabies epidemic
repeatedly seen in local case statistics is a periodic
but spatially homogeneous increase in infection
rates. This is caused by the more frequent contacts between foxes from different family groups
during mating and dispersal. Time-series of rabies
cases show the typical bimodal annual pattern
with peaks indicating the periods of rut and dispersion (Toma and Andral, 1977; Curk, 1991).

2.3. Control measurements
The main goal of control measurements is the
reduction of the effective number of susceptible
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foxes either by killing or by immunizing during
the critical annual phases with an increased infection rate. Vaccination has proven to be helpful
but the strategies preferred differ from country to
country (Stöhr and Meslin, 1996). In Germany,
up to 25 vaccine-filled baits are distributed per
square kilometer twice a year from aircraft in
regions of rabies occurrence. Despite this enormous effort, not all foxes are immunized; the
regular sampling (surveillance) accompanying the
vaccination program has found about 70% of the
fox population to be immune (Schlüter and
Müller, 1995). As is known from theoretical models (Berger, 1976; Anderson et al., 1981; Harris
and Smith, 1990; Schenzle, 1995) as well as from
certain vaccination campaigns (MacInnes, 1987;
Wandeler et al., 1988; Masson et al., 1996;
Meslin, 1997), this rate of immunization is close
to the threshold beyond which rabies can with
high probability be eradicated. However, stopping
regular vaccination would bear the risk of a new
rabies outbreak due to the high uncertainty of
detecting the last few rabid foxes (Bacon, 1981).
Therefore a model is needed that serves to estimate the risk of the endemic persistence of rabies
and the risk of a new outbreak after the end of a
vaccination campaign, i.e. that takes into account
local and regional processes of disease transmission and yet is also simple enough to be fully
analyzed on a regional scale.

3. Modelling strategy
We start with a model designed to reproduce
the regional wave-like pattern of the spread of
rabies. It is one-dimensional and discrete and
needs only three simple difference equations with
in total three parameters that describe the local
infection cycle and the spread of the disease. In a
step-by-step approach, we then successively integrate new processes on finer spatial and temporal
scales until we arrive at the temporal and, even
more importantly, the spatial resolutions required
to investigate the effects of management interventions with a model. Each single step towards finer
scales relaxes some limitations of the previous
description on a coarser scale and facilitates the

critical evaluation of the impact and the relative
importance of each modification. Therefore, one
central element of our modeling strategy is a
scaling-down from coarser to finer scales, as opposed to the scaling-up approach usually applied
with grid-based simulation models which start on
the local scale and then analyze the regional or
global patterns emerging from the interaction of
many local units (Green, 1989; Czárán and
Bartha, 1992; Wissel, 1992b; Jeltsch and Wissel,
1994; Ratz, 1995; Jeltsch et al., 1996, 1997b). The
second essential feature of our scaling-down strategy is that each interim model is tested against the
large-scale pattern of rabies spread (cf. Fig. 1).
This ‘pattern-oriented’ strategy (Grimm et al.,
1996b) and the stepwise increase of model complexity make it easier to decide which factors have
to be integrated into the model and which details
are negligible.

3.1. Basic model
The basic model is discrete in time and space.
One time step corresponds to 1 year. The local
dynamics of the disease within an IFC consists of
only three distinct states, namely ‘S’ (all foxes are
susceptible), ‘I’ (at least one fox is infected, i.e. an
undistinguished part of the IFC is infectious) and
‘E’ (the IFC is extinct, i.e. the foxes have died
from rabies).
The chronological point of reference within a
year is the start of the young foxes’ migration
period. Because of the enormous reproductive
success of foxes and the high mobility of cubs we
assume that in any empty spatial unit (state E=
‘empty’), a new social group is deterministically
established (state S= ‘susceptible’) in the following time step. A susceptible IFC remains susceptible if no infection occurs; otherwise the new state
is either I (infected) after the next time step or it
is E (extinct). The decision between these two
possibilities depends on the point in time of infection. If infection occurs shortly after the chronological point of reference (i.e. the dispersal), the
probability m is high that next autumn the social
group will already be extinct (state E). If the
infection occurs some time after the point of
reference (i.e. due to foxes from neighboring

H.-H. Thulke et al. / Ecological Modelling 117 (1999) 179–202

IFCs), the state of the IFC next autumn is more
likely to be I. In the latter case the new state of
the cell in the time step after next is assumed to be
E (extinct) due to the close contact within the
social group.
To make the model spatial, a sufficiently large
area is subdivided by imaginary strips arranged
perpendicular to the direction of the spread of
rabies. The horizontal width of the strips (i.e. the
number of covered IFCs) is selected as being
larger than one IFC but smaller than the typical
wave-length—say ten IFCs. With this approach,
we can use the percentage of IFCs in a certain
stage (S, I, or E) as state variables in the model.
I(x, t) for example is the percentage of infected
IFCs within a strip at location x at time t. The
basic model is now:
I(x, t)= PSI, basic (x, t −1)S(x, t −1) (1 −m)

(1)

E(x, t)=I(x, t−1)
+ PSI, basic (x, t −1)S(x, t − 1)m

(2)

S(x, t)=E(x, t −1)
+ (1− PSI, basic (x, t −1))S(x, t −1)
(3)
with
I(x, t)+E(x, t)+S(x, t) =1

(4)

The function PSI, basic (x, t) describes the probability that an IFC in the strip at location x is
infected in the time step t. This infection probability depends on the number of infected IFCs in the
strip itself and in the neighboring strips. It can be
quantified as follows (for a detailed derivation of
Eq. (5), see Jeltsch et al., 1992):
PSI, basic (x, t)= 1− exp( − Z(x, t))

(5)

with
Z(x, t)=a·I(x, t)
+ a·Sk [exp ( −bk 2)
(I(x +k, t) +I(x− k, t))]
The function Z(x, t) totals the influences of the
infectious IFCs (state I) in neighboring strips
depending on the distance k. The decrease in the
influence with the increasing distance k of the
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neighboring strips is described by a simplified
normal distribution a exp(− bk 2). Parameter a is
a measure of the infection potential and b determines the decrease in the transmission probability
with distance.
The model equations describing the state transitions do nothing more than simple bookkeeping.
For example, in Eq. (2) the percentage E(x, t) of
empty IFCs in strip x at time t is determined by
the percentage of infected IFCs, I(x, t− 1), in the
last year and the percentage of susceptible IFCs,
S(x, t− 1) that have been infected in the last year
(infection probability PSI, basic (x, t− 1)) and are
already extinct in the actual year (probability m).
The numerical iteration of these equations reveals the typical, wave-like distribution pattern of
the disease for a wide range of variations of the
parameters a, b and m (Fig. 2a). The spread of
rabies occurs via a shift in this pattern over the
course of time (travelling wave). Comparison of
the characteristics of the spreading pattern (e.g.
spreading velocity, distance of successive peaks)
with field measurements (Jackson, 1982; Sayers et
al., 1985; Toma and Andral, 1977) reveals a fairly
good correspondence on a regional scale. Thus, as
anticipated, the simple mechanism of coupled local cycles of colonization, infection and extinction
is sufficient to explain the regional pattern qualitatively and, to a fairly good degree,
quantitatively.
However, the parameters a and b describing the
spread of the disease are highly aggregated
parameters. Consequently, it is not clear how the
parameters of the basic model are actually related
to the various infection mechanisms, operating on
different spatial and temporal scales (infection by
neighborhood contacts throughout the year, infections caused by itinerant or dispersing foxes in the
mating or dispersal period and by foxes in the
clinical phase of the disease). The basic model
only gives an initial idea of the general probability
distribution of infection (PSI, basic (x, t)) summarizing the various infection mechanisms. Since this
general distribution PSI, basic (x, t) leads to a regional pattern of rabies that corresponds well with
known field data it can be used as a criterion for
the quality of the modelling of the single processes
on a finer scale. In these modified models, the
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joined infection probabilities ought to correspond
with the probability distribution used in the basic
model.

3.2. Cellular automaton (or grid-based)
approaches
3.2.1. Cellular automaton 1 (CA1)
First, we refine the model in a spatially explicit
manner. To this end, the modeled area is subdivided into an imaginary grid of cells with each
cell representing an IFC. In combination with the
‘state and transition’ description of the local dynamics as described in the basic model, this results in a typical cellular automaton approach
(Wolfram, 1986; Ermentrout and EdelsteinKeshet, 1993; Jeltsch and Wissel, 1994). Each
grid cell which is in the state S can be infected
with a certain probability by any of the infected
IFCs in the neighborhood (up to a maximum
distance). The decrease in the infection probability PSI, CA1 (x, t) with increasing distance between
the IFCs is again described by a normal distribution. However, in this spatially explicit version it
is no longer necessary to consider aggregated

strips—the spatial pattern can be simulated explicitly (Fig. 3a). The one-dimensional projection
of this pattern closely matches the pattern produced by the basic model (Fig. 2a and b). Although, the spatial pattern of the CA1-model
displays consecutive waves (Fig. 3a) both the
stereotypic regular shape of the wave fronts and
the absence of local foci are dissatisfactory when
compared even to the large-scale pattern of ‘natural’ rabies (Fig. 1).
In this version the model still implicitly assumes an unlimited infection and colonization
potential, i.e. the model does not account for the
limited number of young foxes that leave their
parental IFC in autumn and search for a new
one. In the following modification of the model
towards finer scales, we distinguish between the
transmission of rabies among foxes of neighboring IFCs throughout the year and the spread of
the disease during the dispersal period with subadult foxes moving over large distances. In this
way, we relinquish the unrealistic assumption
(previously implicit in the model; Table 1) of an
unlimited number of potential colonization and
infections that can originate from a single IFC.

Fig. 2. Oscillating patterns of rabies spread: (a) Basic model (a = 17; b = 0.5; m= 0.75); (b) Cellular automata I, time-step 1 year
(a=0.2; b= 0.01; m =0.75).
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Fig. 3. The spatial epidemic patterns of different model versions (grey, susceptible; black, infected; white, empty): (a) Cellular
automata I, time-step 1 year, area 100×100 IFCs, (a= 0.2; b= 0.01; m= 0.75), stereotype regular pattern; (b) Cellular automata II,
time-step 2 months, area 100 × 100 IFCs, (PSIneigh = 0.5; bdisp =0.013), heterogeneous structure of the wave front; (c) Hybrid model,
2 months, 100 × 100, (PSIneigh = 0.4; disp = 4; maxdist= 0.6; PSImig =0.1), the second wave originates in scattered foci induced by
individually dispersing foxes; and (d) Final model, 2 months, 70 ×140, left one time-step before ‘mating’ and right after ‘mating’
(PSIneigh = 0.4; disp= 4; maxdist= 0.6; PSImig = 0.1).

3.2.2. Cellular automaton 2 (CA2)
To distinguish between the transmission of rabies during the dispersal period (2 months) and
the remainder of the year (10 months), a finer
temporal resolution is introduced: a time step
represents now 2 months. During each time step,
an IFC in state S can be infected by any neighboring IFC (Moore neighborhood) in state I. This
neighborhood infection takes place with a probability depending on the parameter PSIneigh (Table
2). However, during one time step of each year
(i.e. in autumn) the large-scale movement of
young foxes and thus also of rabies takes place in

addition to neighborhood infection: a number
disp (Table 2) of young foxes leaves each IFC in
search of a new homerange. Young foxes that
emigrate from IFCs in the state I may thus spread
rabies over longer distances. The direction of the
dispersal of each individual fox is chosen randomly (cf. Storm and Montgomery, 1975) and the
distance of each dispersal event is again drawn
from a normal distribution. Thus we again only
describe the result of the dispersal. The process of
dispersal is not yet modeled in detail: migration is
neither influenced by the states of IFCs that are
passed nor is rabies transmitted during dispersion.
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Table 1
Characteristics of and adjustments within the model cascade
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Table 1 (Continued)
Characteristics of and adjustments within the model cascade
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Table 1 (Continued)
Characteristics of and adjustments within the model cascade

The impact of the dispersing fox, i.e. the infection
of a susceptible IFC or the foundation of a new
IFC, is restricted to the target area. Table 2 lists
the model parameters of the current model
version.
The spatial pattern resulting from the second
cellular automaton model already looks much
more realistic than the stereotypical pattern of the
first CA model (Fig. 3a and b). This is mainly due
to the increased similarity of the shapes of observed and simulated epizootic waves (Fig. 1a and
Fig. 3b). They differ from a simple straight line as

the infection potential of the disease is restricted
to a local neighborhood resulting in locally different spreading velocity.
Even though the resulting spatial pattern appears more realistic, the second cellular automaton model does not allow the detailed
investigation of the impact of short and longrange fox movements on the pattern formation
process because of its coarse modelling of the
young foxes dispersion. Thus in the next step a
submodel for the explicit movement of foxes is
included.
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Table 2
Parameters with meanings for the successive models
Model

Parameters

Meaning

Basic and CA1

a
b

Infection potential of an infected IFC, used in PSI,..(x, t)
Decrease of the transmission probability by distance, determines
PSI,..(x, t)
Distinguish whether an infected IFC will remain infected at following
point in time of reference

m

Investigated range
of values

wide ranges

CA2

PSIneigh
bdisp

Transition probability S I by one adjacent IFC within one time-step
Decrease by distance of the probability to continue the dispersal for
young foxes in autumn

Hybrid

PSIneigh
disp
maxdist
PSImig

Transition probability S I by one adjacent IFC within one time-step
Number of dispersing cubs leaving the birth IFC in autumn
Maximal dispersal distance for young foxes in IFCs
Probability S I by foxes crossing an IFCs in state S

0–1.0
0–6
0–120
0–1.0

Final

PSIneigh
disp
maxdist
PSImig

Transition probability S I by one adjacent IFC within one time-step
Number of dispersing cubs leaving the birth IFC in autumn
Maximal dispersal distance for young foxes
Probability S I by foxes crossing an IFCs in state S

0–1.0
0–6
0–120
0–1.0

Vaccination

PSIneigh
IR

Transition probability S I by one adjacent IFC within one time-step
Immunisation rate in percent

0–1.0
50–90

3.3. Hybrid model: cellular automaton and
indi6idual-based model
The hybrid model consists of two components:
the local infection dynamics between the IFCs
that corresponds to the previous version and an
individual-based module which explicitly describes
the dispersal of the young foxes through the landscape of IFCs in different states.
In the migration module we model the single
sub-adult fox to move explicitly from IFC to IFC,
reacting to the state of the grid cell they encounter
according to a set of rules. The whole dispersion
process takes place within one model time step of
2 months. As in the previous version we assume
that each dispersing fox (males and females are
not distinguished for reasons of simplicity) has a
preference of direction which is randomly chosen.
In each move (i.e. step to the next IFC) the
probability of entering a neighboring IFC in the
preferred direction is 0.5. The probability of entering one of the two adjacent IFCs is 0.25. In
each IFC entered by the fox there is a certain
settling probability Pend. Consequently, if the IFC

0–1.0
wide ranges

is in state E and the invading fox is susceptible,
colonization takes place (i.e. the state E changes
to S) with the probability Pend. Since dispersing
foxes often tend to follow a ‘dispersion instinct’
that prevents them from settling in the nearest
suitable empty home range (Storm and Montgomery, 1975), we assume the settling probability
Pend to increase with the distance the dispersing
fox has covered:
Pend = 0.2+0.8 · step/maxdist, if the IFC is empty,
Pend = 0.05+ 0.35 · step/maxdist, else.

(6)

step is the number of IFCs the fox has already
passed; maxdist is the maximal dispersal distance
(for parameters and their values see Table 2). The
probability of settling in a non-empty IFC (i.e.
state S or I) is modeled as being lower but also
increases linearly with increasing distance (Eq.
(6)). If the IFC from which a dispersing fox
originates is ‘infected’, we assume it to be a
potential carrier of rabies. This is modeled by a
constant infection probability PSImig for IFCs in
the state S that are crossed by the disperser (Table
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Fig. 4. The distribution of dispersal distances in the respective model: (a) Cellular automata II, summarized dispersal, distances are normally distributed with variance
bdisp = 13; (b) Hybrid model, individual-based dispersal, distances are governed by probabilistic rules which use the distance already moved and the assumed maximum
for dispersing foxes (see Eq. (6)), i.e. maxdist= 60; and (c) Final model in application context, individual-based dispersal, distances are distributed in accordance with
field data from capture-recapture studies, i.e. Goretzki et al. (1997).
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Fig. 5. The temporal epidemic patterns of rabies: (a) Field data, detected rabies cases from eastern Germany 1984 – 1990 (normal line
monthly statistics from ICP-database WHO Collaborating Center Wusterhausen, bold line moving average with three periods). The
graph depicts the characteristic bimodal annual cycle of rabies with mating and dispersal peak (cf. Toma and Andral, 1977); (b)
Hybrid model, (PSIneigh =0.4; disp =4; maxdist = 60; PSImig = 0.1; 100 ×100). The model reproduces the long-term cyclic (3 years)
from rabies dynamics as well as the annual dispersal peak (months 22, 34, 46 cont.), but no peak due to the rut is displayed; (c) Final
model, (PSIneigh = 0.4; disp =4; maxdist =60; PSImig = 0.1, 100 ×100). The locally increased infection probability during the
time-step of mating adds the second peak to the time-series of infected IFCs in the final model version; and (d) Field data (from
ICP-database; gray line) +final model with vaccination (PSIneigh =0.4; IR =70, 140 ×140; black line). To validate the simulated
effect of vaccination in the applied model by field data, the simulated time-series of infected IFCs are converted in accordance with
the estimated lack of detection (90%, Schlüter and Müller, 1995; see text) and the estimated population density in the field study area
(1.4 per sq. km without cubs, Goretzki et al., 1997; Stiebling, 1998, personal communication).
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2). The movement itself is modeled for the infected fox in the same way as for susceptible
foxes. The description of the dispersal movement
contains the mortality of the disperser.
Introducing in the hybrid model the interaction
of rather simple processes on local and regional
scales in a homogenous space, the resulting spatial
pattern (Fig. 3c) is further adjusted to the spatial
rabies pattern (Fig. 1). The pattern of the simulated epidemic is marked by distinct local foci.
These ‘hot spots’ are the centers of new micro-epidemics that in the course of time combine to form
a new wave. However, the increased likeliness of
the simulated spatial pattern is based on changed
dispersal rules. But since the dispersal distribution
resulting from this dispersion module closely
matches the previously used normal distribution
(cf. Fig. 4a and b), the consistent ‘scaling-down’
of the previous models is guaranteed.
The hybrid model combines the potential of the
cellular automaton model to explore complex spatial patterns with the flexibility of the dispersion
module in order to consider the consequences of
individual behavior. The resulting components are
marked in Table 1 and a typical spatial pattern as
produced by the model is plotted in Fig. 3c. The
detailed sensitivity analysis of the hybrid model
and an analysis of the process of pattern formation by dispersing and frenzied foxes is given
elsewhere (Jeltsch et al., 1997a). Here we focus on
the transition towards the next modelling step.

3.4. Final model: including temporal patterns at
the local scale
With the next step we overcome the restriction
towards spatial patterns being the only criterion
to assess the model quality. Now the regional
temporal pattern of seasonal variation in the disease is taken into account. Comparing the simulated total number of infected IFCs over time as
produced by the hybrid model with field data
(Fig. 5a,b), both time series display the ‘dispersal
peak’ (Toma and Andral, 1977). Admittedly, the
second peak in the empirical time series related to
the increased mobility during the rut (Storm and
Montgomery, 1975) is not reproduced by the hybrid model. Therefore the description of the an-

nual cycle of the fox population is refined (Table
1d), i.e. the feature ‘mating’ is now added to the
hybrid model. During the time span of mating, an
IFC in state S can be infected by any IFC in state
I situated within a neighborhood of three consecutive rings of IFCs around the IFC in question.
Consequently, the probability of infection increases for the susceptible IFCs. The probability
that state S will change into state I during mating
is calculated from the numbers k, m and n of
infected IFCs (state I) within the first, second and
third ring of the neighborhood:
PSImat, final = 1−[(1− PSIneigh)k * (1− P 2SIneigh)m
* (1− P 3SIneigh)n]

(7)

With this modification, the model (Fig. 5c) reproduces both observed peaks within the time series
of rabies cases (Toma and Andral, 1977; Curk,
1991). Once again, the advantage of the scalingdown approach is demonstrated: To model the
regional wave-pattern of the disease, it is sufficient
to distinguish between the phase of high-velocity
spreading (i.e. long-distance transmission during
dispersal) and the phase of low-velocity spreading
(i.e. short-distance transmission by neighboring
IFCs). If focus is on the regional temporal pattern, we have to refine the description of the
low-velocity phase with respect to the frequency
of transmission events. Turn-around in time mating and dispersal are evenly related to increased
frequency of transmission (cf. the bimodal timeseries). However, combining the temporal point of
view with the spatial aspect allows the impact of
rut and dispersal to be distinguished: during dispersal the increased number of infections is correlated to a propagation of the disease on a global
scale, but during the mating period forced transmission results in a spatially restricted local accumulation of infections within the vicinity of
infected IFCs, i.e. the qualitative properties of the
large-scale spatial rabies pattern are not affected
by the local consequences of the mating period.
This finding illustrates why the biologically important details of mating could be omitted as long
as the posed question is not tangent to smaller
temporal scales, i.e. up to the hybrid model. However, rabies management potentially acts on short-
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term scales and thus mating has to be included
when preparing the final model to the application
as management tool.

3.5. Management tool: 6accination
The model is adjusted to both the spatial and
temporal patterns of the dynamics of the disease.
Consequently, the model resolution in space and
time or the resolution under which local processes
and dispersal behavior are taken into account, are
now appropriate to use the model in the exploration of applied questions. Particularly,
combining vaccination and culling in spatially
different patterns, we investigated the impact of
such control strategies on the spread of the epidemic (for the details how to include culling into
the model see Brandl et al., 1994). This investigation restricts to the combination of both control
measures because pure culling was suggested as
insufficient for rabies eradication (Bacon, 1985)
especially in regions like Europe that have high
population density and good habitat conditions
for the foxes (Goretzki, 1995). Currently, however, temporally different vaccination regimes are
being investigated to find the most efficient eradication strategy. Management implications for the
continuation of the vaccination program in Germany were derived from these studies. As another
example we address the question of lasting sporadic rabies cases occurring after several years of
repeated vaccination campaigns common in some
parts of Germany. The remaining cases call into
question the huge effort for disease eradication
because no final proof of eradication seems possible. Consequently, insights into possible reasons
for disease persistence found with the model assisted decision making in rabies control policy
(Tischendorf et al., 1998).
Vaccination, i.e. the distribution of baits twice a
year, can easily be incorporated into the model. A
new parameter, IR (Table 2) is introduced to
describe the proportion of the fox population in
the modelled area immune to the disease. Modelling the vaccination procedure is then equal to a
further refinement of state variables I, S and E
which describe the state of an IFC. Every IFC in
state S is now distinguished between the suscepti-
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ble and the immune foxes. The new state variable
is SM (Susceptible+ iMmune). If we assume a
homogeneous immunization rate in the entire
area, the ratio of immune to susceptible foxes
within each IFC is equal to IR. Within the following time step an infection may occur and would
result in a second and third mixed cell state, IM
and EM, respectively. In other words, introducing
vaccination into the model means simply restricting the disease-related transitions (S–I– E) in the
former models to the non-immunized proportion
of the respective IFCs (Table 1).
It is important to note that the simulation of
vaccination causes a further scaling-down in time
(Table 1). Two events must be scheduled in addition: firstly, the transition S–SM caused by the
vaccination event and secondly, the possible transition EM–SM induced by the birth of cubs in
IFCs which no longer die out completely after an
infection because of partial immunity. However, it
is not necessary to model adult mortality in detail
at the actual scale of resolution because along
with the repeated vaccination campaigns immunized and non-immunized foxes die in rather
equal proportions. Consequently, the immunity
level changes simply due to the event birth restricted to one time-step.
If the infection probabilities used for the different spreading mechanisms represent aggregated
frequencies of infectious contacts between animals, ‘vaccination’ demands a cogent modification of these probabilities because only
(100− IR)% of all transmission events are still
infectious. Consequently, if the involved IFCs
contain immune animals, the actual infection
probabilities are reduced according to the
parameter IR:
PSI B trans \ ;Vacc = (100%− IR)
* PSI B trans \ ;Final, trans
 {neigh, mat, disp}.

(8)

The rules described for vaccination may seem
coarse but are nevertheless sufficient in view of
the available resolution in field data. The behavior
of the immunized fox–rabies system simulated by
the model coincides with general empirical knowledge from field data (Stöhr and Meslin, 1996;
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Masson et al., 1996) and from theoretical considerations (Anderson et al., 1981; Murray and Seward, 1992; Schenzle, 1995), i.e. the onset of
vaccination results in a drastic decrease of disease
prevalence within 2 years (cf. Fig. 5d for observed
and simulated data). Furthermore, the ‘threshold
value’ for the necessary effectiveness of the vaccination in order to eradicate a disease is predicted
by various models (Anderson et al., 1981; Murray
and Seward, 1992; Rhodes and Anderson, 1997).
Indeed, our model correspondingly produces
thresholds for the parameter IR above 70% (Tischendorf et al., 1998). The thresholds define a
range of IR beyond which the simulated epidemic
either recovers or breaks down. However, within
this range it is not possible to decide a priori how
the epidemic will behave in the long run. These
results and the systematic exploration of the
parameter space with the relevant conclusions are
presented in detail elsewhere (Tischendorf et al.,
1998). Here we apply the management tool in a
more particular fashion and provide an explanation for the lasting rabies cases observed despite
vaccination in Germany.

4. Application

4.1. Adapting to a particular ecological set-up
So far the models aim at being general (Durrett,
1995) instead of describing particular situations.
This generality enables a demonstration of the
‘realism’ (Barlow, 1995) of our model by comparison with existing knowledge about fox rabies
epidemics. Addressing the particular question of
lasting rabies cases following a long-term vaccination program in eastern Germany, more subtle
modifications are necessary to adapt our model to
the respective ecological set-up.
Consequently, further adjustments were made
in accordance with field data concerning red foxes
documented in eastern Germany (Goretzki and
Paustian, 1982; Goretzki et al., 1997). An empirically obtained distribution of dispersal distances
(Fig. 4c; Goretzki et al., 1997) now governs the
migration module. It is interesting that the previous assumption on increasing settling probability

by distance agrees with the field data. In addition,
the number of dispersing foxes per IFC is no
longer a constant, i.e. parameter disp. Instead, for
each IFC disp is randomly chosen from an empirical distribution of litter sizes (Ansorge, 1990;
Goretzki et al., 1997). Taking observed postnatal
mortality into account, on average 3–4 cubs leave
every IFC (Lloyd et al., 1976; Allen, 1983; Ansorge, 1990), which corresponds with the assumed
range of disp used in the former model versions.

4.2. Low-le6el persistence of rabies in immunized
fox populations
With the model adjusted to the particular region, we simulate 10 years of biannual area-wide
vaccination as was applied in the study area. The
aim of the simulation study is to decide whether
the lasting rabies cases as observed in the field
even after 6 years of repeated vaccination are
necessarily due to immigrating infected foxes from
Eastern Europe (i.e. non-controlled areas) or if
they might reflect an inherent spatio-temporal
pattern of the epidemic under control by vaccination. Obviously, while the assumption of immigrating infected individuals favors some form of
borderline control (Aubert, 1992; Murray and
Seward, 1992; Brandl et al., 1994), the endemic
state of the disease in the latter would require
quite different measures for further management.
We found low-level persistence of rabies to be a
possible inherent disease dynamic within partially
immunized populations (Tischendorf et al., 1998).
In fact, totally ignoring immigrating infected
foxes, simply the controlled fox rabies system
itself can develop a spatio-temporal pattern of
case-occurrence suitable to maintain the disease
for 10 years despite vaccination but only with a
few lasting IFCs simultaneously infected (Tischendorf et al., 1998). Fig. 6 illustrates an example of
the phenomenon for a parameter configuration
that can produce low-level persistence of the disease (PSIneigh = 0.34; IR= 70). After the onset of
vaccination (Fig. 6a) the disease is suppressed
dramatically and the fox population recovers (Fig.
6b). However, small local seeds of infected IFCs
are maintained and in turn final global extinction
occurs by chance. Moreover the residual foci of
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infection move in space over time due to the
mechanisms of transmission and the lethality of
the disease (Fig. 6c – d). To sum up, low-level
persistence of the disease clusters a very few number of cases from an otherwise largely rabies-free
area in foci which are small but not spatially fixed
over time. With these circumstances in mind we
recall the detection rate to be less then 10%, even
for rabies epidemics without vaccination (Braunschweig, 1980; Jackson, 1982; Schlüter and
Müller, 1995). But if the disease persists at the low
level under discussion, the situation becomes
worse again, for detecting one rabid fox supposes
that the random sampling in the whole area meets
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at least once a foci of the disease and kills an
infected fox there; more over, this fox must be in
the clinical phase. Consequently, the low-level
persistence of the disease induces a majority of
unreported cases and a few sporadic proofs
(Thulke et al., 1997b).

5. Discussion
Ecological modelling is a process. Any description of a particular model is thus only a snapshot
showing a certain stage in this process. A model
which is, for example, presented in a paper is

Fig. 6. Spatial snapshot of the simulated low-level persistence of rabies in immunized fox populations (PSIneigh =0.34; IR =70;
140 ×140): The spatial snapshots plot the initial setting (a) and consecutive time-steps 12 (b), 36 (c) and 60 (d) (i.e. years 2, 6 and
10 of repeated biannual vaccination). After the first vaccination at time-step two (spring of year 1), the number of infected IFCs
decreases strongly within the following 2 years (compare (a) and (b)). Furthermore, the actual level of prevalence neither recovers
nor reaches the zero-level. In time rabies ‘persists’ for 8 years at a ‘low-level’ of prevalence (less than 0.2%) and in space low-level
persistence of the disease is linked to small spatio-temporal moving infection clusters.
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never exactly the same as the first model from
which the investigation started, nor is the presented model ever complete such that it cannot be
improved. There are, of course, good reasons to
present only snapshots. The main reasons are the
limited space in the journals and the fact that
interim models usually do not do what they are
supposed to do and therefore have become
modified. But there is a problem if we never
publish the process of modelling itself: we do not
learn from each other how to use systematic
guidelines to modify a model for a certain need.
This is a waste of resources: the wheel of ecological modelling is being repeatedly reinvented.
Moreover, the question of how ecological models
for applied problems could be efficiently constructed is not really acknowledged as an important question per se (but see Starfield and Bleloch,
1991).
Classification into ‘strategic’ and ‘tactical’ models gives the impression that general, theoretical
models give no guidelines of how to design applied models, i.e. how to find the appropriate level
of resolution (cf. Grimm, 1998b). In this paper we
demonstrate that this is not necessarily the case.
We started our investigations with a purely theoretical problem: How can we explain in detail the
emergence of the wave-like spread of rabies
(Jeltsch et al., 1997a)? But almost at the same
time, once we had finished our theoretical studies,
we came into contact with people who had literally no interest in explaining any fancy wave
pattern, but had the problem of interpreting the
sporadic incidence of rabies in areas that have
been continuously vaccinated for many years.
Could this be an intrinsic property of the vaccinated system, or is the invasion of individual
infected foxes the only possible explanation? To
tailor our theoretical model, we continued the
modelling strategy of scaling-down the model
(Brandl et al., 1994; Grimm et al., 1996a). The
main stages of this strategy are as follows: (1)
Start with a coarse model that aims at producing
some overall distinctive pattern of the system; (2)
modify the model step by step. This allows each
interim model to be linked to all its predecessors
and in particular to the pattern at the beginning;
and (3) try to link the different models by over-

lapping modules, i.e. a coarse description of a
process or component in a module is replaced in
the next version of the model by a more detailed
and, if possible, empirically motivated description
of the same process. This enables the question of
whether the parameters used in the coarse description were correct to be checked (if not, the earlier
models have to be scaled accordingly) and it also
gives a clear idea of how to check the new submodel: it should, if it is scaled up again to the
coarser description, produce at least the same
kind of distribution or (for example) whatever. If
it does not, both the submodel and the earlier full
model have to be reconsidered. The essence of this
modelling strategy is that it is ‘pattern-oriented’
(Grimm et al., 1996b) and that it scales down
from coarser to finer scales, whereas cellular automaton (or, more generally, grid-based) models
are usually only supposed to support the other
approach, from the local to the global scale.
One might argue that the applicability of our
modelling strategy is limited because we usually
do not have neat patterns such as that in the
spread of rabies. This may be true, but it may also
be true that when tackling applied problems,
modellers do not even consider large-scale patterns at all. What we wanted to show here is that
it is always worth thinking in terms of patterns in
space, time or any level of organization. Patterns
may only exceptionally be as marked as in the
case of rabies, but less distinct patterns can be
used in the same way. For instance, modellers
often use various kinds of patterns (i.e. time-series, frequency distributions, habitat use patterns)
in the calibration process and for the validation of
their models (Stephan et al., 1998; Wiegand, K. et
al., 1998; Wiegand, T. et al., 1998). In addition, a
combination of two or more weak patterns might
be as useful or even more useful than one single
spatial pattern (Staubach et al., 1998). Such a
kind of pattern may be used as a ‘fingerprint’ of
the system. In any system and with any question,
there must be some kind of pattern, because
without a pattern we would not be able to perceive the system or the question. ‘Pattern’ is anything beyond random variation; without a pattern
there would be only noise (Grimm, 1996, 1998a;
Jax et al., 1998). The modelling strategy presented
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here means gearing ecological modelling and,
more generally, ecological research towards the
patterns we perceive in nature (Grimm, 1994;
Weiner, 1995; Den Boer and Reddingius, 1996;
Grimm et al., 1996b).
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Rabies control in Central Europe-results after more than
10 years of oral immunization of foxes. Epidémiol Santé
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Patten, B.C., Brebbia, C.A. (Eds.), Ecosystems and Sustainable Development. Computational Mechanics Publications, Southampton, pp. 63 – 72.

202

H.-H. Thulke et al. / Ecological Modelling 117 (1999) 179–202

Wiegand, T., Naves, J., Stephan, T., Fernandez, A., 1998.
Assessing the risk of extinction for the brown bear (Ursus
arctos) in the Cordillera Cantabrica, Spain. Ecol. Monogr.
68, pp. 539 – 571.
Wissel, C., 1992a. Aims and limits of ecological modelling exemplified by the island theory. Ecol. Model. 63,
1–12.

Wissel, C., 1992b. Modelling the mosaic cycle of a Middle
European beech forest. Ecol. Modell. 63, 29 – 43.
Wolfram, S., 1986. Theory and Application of Cellular Automata. World Science, Singapore.
Yachi, S., Kawasaki, K., Shigesada, N., Teramoto, E., 1989.
Spatial patterns of propagating waves of fox rabies. Forma
4, 3 – 12.

